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 ◊𝖫 [𝖳𝗎𝗆𝗈𝗋] ⊑ □𝖫 [𝖳𝗂𝗌𝗌𝗎𝖾]
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□𝖫 𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍(p, t)

( L and H inherit the axioms of S )

 □𝖲[𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾 ⊑ ⊥ ]
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 ◊𝖧 [𝖳𝗎𝗆𝗈𝗋] ⊑ □𝖧 [𝖯𝗋𝗈𝖼𝖾𝗌𝗌]

□𝖧[∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖧𝗂𝗀𝗁𝖱𝗂𝗌𝗄]
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➡ Knowledge relative to “points of view” (standpoints)
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◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

Syntax:
The set of concepts is given by

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
With .A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

The set of axioms includes: 

- GCIs (general concept inclusions): ⊙s (C ⊑ D)

- Concept and role assertions: ⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾

Semantics: 𝒟 = ⟨Δ, Π, σ, γ⟩

The description logic ℰℒ
6

Vocabulary  of concepts, roles and individuals⟨N𝖢, N𝖱, N𝖨, N𝖲⟩⟨N𝖢, N𝖱, N𝖨⟩
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◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

Syntax:
The set of concepts is given by

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
With .A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

The set of axioms includes: 

- GCIs (general concept inclusions): ⊙s (C ⊑ D)

- Concept and role assertions: ⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾

Semantics: 𝒟 = ⟨Δ, Π, σ, γ⟩

The description logic ℰℒ
6
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◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

Syntax:
The set of concepts is given by

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
With .A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

The set of axioms includes: 

- GCIs (general concept inclusions): ⊙s (C ⊑ D)

- Concept and role assertions: ⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾

Semantics: 𝒟 = ⟨Δ, Π, σ, γ⟩

The description logic ℰℒ
6

Vocabulary  of concepts, roles and individuals⟨N𝖢, N𝖱, N𝖨, N𝖲⟩

ϵ′ ′ ϵ = p ϵ′ 

⟨N𝖢, N𝖱, N𝖨⟩
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◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

Syntax:
The set of concepts is given by

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
With .A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

The set of axioms includes: 

- GCIs (general concept inclusions): ⊙s (C ⊑ D)

- Concept and role assertions: ⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾

Semantics: 𝒟 = ⟨Δ, Π, σ, γ⟩
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6

Vocabulary  of concepts, roles and individuals⟨N𝖢, N𝖱, N𝖨, N𝖲⟩
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⟨N𝖢, N𝖱, N𝖨⟩
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◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

Syntax:
The set of concepts is given by

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
With .A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

The set of axioms includes: 

- GCIs (general concept inclusions): ⊙s (C ⊑ D)

- Concept and role assertions: ⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾

Semantics: 𝒟 = ⟨Δ, Π, σ, γ⟩

The description logic ℰℒ
6

𝖳𝗎𝗆𝗈𝗋, 𝖳𝗂𝗌𝗌𝗎𝖾

Vocabulary  of concepts, roles and individuals⟨N𝖢, N𝖱, N𝖨, N𝖲⟩

𝖳𝗂𝗌𝗌𝗎𝖾

ϵ′ ′ ϵ = p ϵ′ 

⟨N𝖢, N𝖱, N𝖨⟩
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◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

Syntax:
The set of concepts is given by

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
With .A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

The set of axioms includes: 

- GCIs (general concept inclusions): ⊙s (C ⊑ D)

- Concept and role assertions: ⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾

Semantics: 𝒟 = ⟨Δ, Π, σ, γ⟩

The description logic ℰℒ
6

𝖳𝗎𝗆𝗈𝗋, 𝖳𝗂𝗌𝗌𝗎𝖾

Vocabulary  of concepts, roles and individuals⟨N𝖢, N𝖱, N𝖨, N𝖲⟩

𝖳𝗂𝗌𝗌𝗎𝖾

ϵ′ ′ ϵ = p ϵ′ 

𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍

⟨N𝖢, N𝖱, N𝖨⟩
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Syntax: 
The set of concepts is given by 

 

With . 

The set of axioms includes:  

- GCIs (general concept inclusions):  

- Concept and role assertions: 

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

⊙s (C ⊑ D)
⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾

Vocabulary  of concepts, roles, individuals and standpoints.⟨N𝖢, N𝖱, N𝖨, N𝖲⟩⟨N𝖢, N𝖱, N𝖨⟩

Towards Standpoint-ℰℒ
7

𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 𝖳𝗂𝗌𝗌𝗎𝖾𝖳𝗎𝗆𝗈𝗋, 𝖳𝗂𝗌𝗌𝗎𝖾

◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

ϵ′ ′ ϵ = p ϵ′ 



Tractable Diversity: Multiperspective Ontology Management with Stanpdpoint  | Pageℰℒ

Syntax: 
The set of concepts is given by 

 

With . 

The set of axioms includes:  

- GCIs (general concept inclusions):  

- Concept and role assertions: 

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

⊙s (C ⊑ D)
⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾

Vocabulary  of concepts, roles, individuals and standpoints.⟨N𝖢, N𝖱, N𝖨, N𝖲⟩

Towards Standpoint-ℰℒ
7

𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 𝖳𝗂𝗌𝗌𝗎𝖾𝖳𝗎𝗆𝗈𝗋, 𝖳𝗂𝗌𝗌𝗎𝖾

◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

ϵ′ ′ ϵ = p ϵ′ 
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Syntax: 
The set of concepts is given by 

 

With . 

The set of axioms includes:  

- GCIs (general concept inclusions):  

- Concept and role assertions: 

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

⊙s (C ⊑ D)
⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾
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𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 𝖳𝗂𝗌𝗌𝗎𝖾𝖳𝗎𝗆𝗈𝗋, 𝖳𝗂𝗌𝗌𝗎𝖾

◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

ϵ′ ′ ϵ = p ϵ′ 
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Syntax: 
The set of concepts is given by 

 

With . 

The set of axioms includes:  

- GCIs (general concept inclusions):  

- Concept and role assertions: 

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

⊙s (C ⊑ D)
⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾
◊𝖲 𝖯𝗋𝗈𝖼𝖾𝗌𝗌
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Towards Standpoint-ℰℒ
7

𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 𝖳𝗂𝗌𝗌𝗎𝖾𝖳𝗎𝗆𝗈𝗋, 𝖳𝗂𝗌𝗌𝗎𝖾

◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

ϵ′ ′ ϵ = p ϵ′ 
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Syntax: 
The set of concepts is given by 

 

With . 

The set of axioms includes:  

- GCIs (general concept inclusions):  

- Concept and role assertions: 

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

⊙s (C ⊑ D)
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𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 𝖳𝗂𝗌𝗌𝗎𝖾𝖳𝗎𝗆𝗈𝗋, 𝖳𝗂𝗌𝗌𝗎𝖾

◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)
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Syntax: 
The set of concepts is given by 

 

With . 

The set of axioms includes:  

- GCIs (general concept inclusions):  

- Concept and role assertions: 

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

⊙s (C ⊑ D)
⊙s C(a), ⊙s r(a, b)

∃𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 . 𝖳𝗎𝗆𝗈𝗋
𝖳𝗂𝗌𝗌𝗎𝖾

𝖯𝗋𝗈𝖼𝖾𝗌𝗌 ⊓ 𝖳𝗂𝗌𝗌𝗎𝖾
◊𝖲 𝖯𝗋𝗈𝖼𝖾𝗌𝗌

Vocabulary  of concepts, roles, individuals and standpoints.⟨N𝖢, N𝖱, N𝖨, N𝖲⟩

Towards Standpoint-ℰℒ
7

𝗉𝖺𝗍𝗂𝖾𝗇𝗍𝖯𝖺𝗋𝗍 𝖳𝗂𝗌𝗌𝗎𝖾𝖳𝗎𝗆𝗈𝗋, 𝖳𝗂𝗌𝗌𝗎𝖾

◊𝖲(∃𝗁𝖺𝗌𝖯𝗋𝗈𝖼𝖾𝗌𝗌 . 𝖳𝗎𝗆𝗈𝗋)(p)□𝖳 (𝖳𝗎𝗆𝗈𝗋 ⊑ 𝖳𝗂𝗌𝗌𝗎𝖾)

ϵ′ ′ ϵ = p ϵ′ 
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Semantics: 𝒟 = ⟨Δ, Π, σ, γ⟩Syntax: 
The set of concepts is given by 

 

With . 

The set of axioms includes:  

- GCIs (general concept inclusions):  

- Concept and role assertions: 

C ::= ⊤ ∣ ⊥ ∣ A ∣ C1 ⊓ C2 ∣ ∃r . C ∣ ⊙s C
A ∈ N𝖢, r ∈ N𝖱, s ∈ N𝖲, ⊙ ∈ { □ , ◊}

⊙s (C ⊑ D)
⊙s C(a), ⊙s r(a, b)
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